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3acrocyBanHs po3B’a3ky KauaHoBa npo piBHOBary
chepuyHOi MOPOKHUHH /10 aHAI3Y 3POCTaHHS MOP B’ A3KOTO
pPyiiHYBaHHS B yMOBaX paiaiiifHOl MOB3y4O0CTi

IIpedcmasneno axademixom HAH Ykpainu B.B. Xapuenxom

Posensidacmocs sacmocysanns pose’ssky Kauwanosa npo pienosazy chepuuinoi noposcHunu 6 NPYicHo-niacmuiHomy
nPoOCMopi 00 MOOCIOBANHNS 3POCMANHI KOHUESHMPAUTE NOP 6 A3K020 PYLHYBANHS 8 MAMEPIAN, 0 ni00aemobCs 6niu-
8Y HeUMpPOHH020 onpominenis. Buxopucmanms pose’ssky Kauanosa ons cpepuunoi noposjcnumiL, posmaulosanoi 6
i0eanvHoOMYy NPYACHO-NIACTULHOMY NPOCMOPL, 0360ISE 6PAXYEAMU PAJIAUTTHY NOBIYUICID HA NPYICHILL OLLAHUL
diazpamu deopmysanis onpominenozo mamepiany na eiominy 6io piensno Paiica— Tpetici—Xyanza, 6 sxux npyarc-
Ha OLAHKA He PO32NA0AEMbCSL. YPaxySans ub020 YUHHUKA BNIUBAE HA PEYNLMAMIU AHATI3Y NOBEOIHKU NOPUCTOZ0
mamepiany, OCKiIbKU 31 3pOCMAHHIM 003U ONPOMIHEHHS 8I00Y6aAcMbCsL padiayitine sMilHeH s, Wo NPU3oo0ums 00
SHUINCEHHSL NIACTMUYHOCTNE MAMEPIATY, | MOMY 68 YMOBAX MPUBANO20 HEUMPOHHO20 ONPOMIHEHHS POIb PAOLAUIHUHOT
n063yuocmi Ha npyrcHii Oiisanyi diazpamu depopmysans spocmae. Ha ocnoei cnissionowens, wo uniusams 3
po36’ssky Kauanoea, odepacao piensiims 01s. onucy 3pocmaniis 06 €MHOT KOHUCHMPayii nop y Mamepiani 3a1exrcHo
610 npupocmis degpopmaiti mummegoi niacmuunocmi ma padiauitinoi nos3yuocmi. /lis ananisy nosedinku onpomi-
HeH020 NOPUCINO20 MAMEPIANY CHOPMYILOBAT BUSHAUANLHI PIGHANH PAJIAUITNOT NOBYUOCTIL, 6 AKUX He360POMIHI
depopmauii sxrouaromv depopmauii Mummeeoi naacmuunocmi, padiayiinozo posnyxanms, padiayiinoi noesyuoc-
mi ma cmpyxmypi 06 emmi deghopmaii, wo 6paxosyromy KoHUeHmpauio nop 6’sa3x020 pyinysanns. Buxopucmosy-
10MbCsL cyuacui mooei padiayitinozo posnyxanis i paoiayitinoi no63yuocmi, 8 AKUX 6PAX0BYEMbCI NOUKOONHCYI0UA
0o3a, memnepamypa onpominens i 6NIUE HANPYNCEHOZ0 CIMANY MA HAKONUYEeHOT He360pomuoi deopmauii na npo-
yecu po3nyxanms i n083y*UoCcmi Mamepiaiy.

Kmouoesi cnosa: padiayiiine posnyxanis, padiauiiina nossyuicmn, sapocmainis nop, pisuanns Paiica— Tpetici—Xy-
anza, pose’s3ox Kauanosa 0is chepuunoi noposrcnumu.

BasksmBuM etanom OOTpyHTYBaHHSI Pecypcy KOHCTPYKILiH, 10 eKCIIYyaTYIOThCsl B YMOBaX
TPUBAJIOTO HEUTPOHHOTO OIPOMIHEHHS, € PO3PAXyHKOBUI aHaJi3 HAIPYKeHO-/1e(hOPMOBAHO-
ro CTaHy 3 ypaxyBaHHSIM JJOKPUTUYHOTO IOUIKO/KEHHSI OIIPOMiHeHOro Metasy. BiporijHicTb
PO3PaxyHKOBOTO OOIPYHTYBAHHS MII[HOCTI Ta Tpale3aTHOCTI KOHCTPYKIIN 3yMOBJIEHA 3aCTO-

[MuryBanusa: Yupkos O.I0. 3actocyBanns po3s’si3ky Kadanosa mpo piBHOBary chepudHoi MOPOKHUHA 10
aHaJIi3y 3POCTaHHs 1I0P B'SI3KOr0 PyIHYBaHHS B yMOBaxX paiaiiiinoi nossyyocri. Jonos. Hay. axad. nayx Ykp.
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CYBaHHSIM aJIeKBAaTHUX MaTeMaTUIHUX MOJIeJIel, SIKi T03BOJISAIOTH ONMUCYBATH MTPOTIECH HETTPY K-
HOTO /lehopMyBaHHSA MeTaJy 3 ypaxyBaHHAM pajliallifHuX eeKTiB PO3MyXaHHs i TTOB3y4OCTi,
a TAaKO’K 3POCTAHHS MOP B’I3KOr0 PYHHYBaHHS 32 YMOB TEPMOCHUJIOBOTO HaBaHTAKEHHS Ta Hell-
TPOHHOTO OITPOMiHEHHSI.

Huskue po3riasiiaroTbest cydacHi MOiesii palialliiHoTo po31yXaHHs i pajiialliiiHol T0B3y40C-
Ti, B IKUX BPaXOBYETHCS MOMIKO/KYIOUA /103a, TeMIlepaTypa ONPOMiHEHHS 1 BIJINB HAIPYysKe-
HOTO CTaHy Ta HAaKOTMWYEHOI HE3BOPOTHOI JehopMallii Ha TPoIecH PO3MyXaHHS 1 MOB3Yy4YOCTi
omnpoMiHeHOTO MaTepiaiy. /I aHamisy moBefiHKU TOPUCTOTO MaTepiaJry, Mo MiJIA€ThCs Hell-
TPOHHOMY OIIPOMiIHEHHIO, 3aCTOCOBYIOThCSI BU3HAUAJIbHI PIBHSAHHS pajialliitHOT TOB3yYOCTi, B
SKUX HEe3BOPOTHI medopmailii BKIOYAIOTH AedopMariii MUTTEBOI MJIACTUYHOCTI, pajlialliitHoro
posIIyXaHHs, pajgialliiiHOI IOB3y4YOCTi Ta CTPYKTYPHI 00’eMHi medopmaliii, 110 BpaXOBYIOTb KOH-
IEeHTPAIlifo TTOp Yy MaTepiaJi.

Hagenemo kisibKa 3ayBaskeHb, IO CTOCYIOTHCS MOJIEJIIOBAHHS 1TOBE/IIHKU OIIPOMIHEHOTO Ma-
Tepialy 3a HasSBHOCTI 1Mop B’si3Koro pyinyBannsg. OTike, KiacuuHi piBHsHHg Paiica—Tpeiici—
XyaHra oTpUMaHi s 130J1bOBaHOI c(hepUUHOI TTOPOKHUHU B OJHOPIAHOMY TIOJ HAIPYKEHb,
PO3TaIIOBaHOI B JKOPCTKO-TLIACTUYHOMY HeoOMeskeHoMy ripoctopi [1, 2]. Ili piBHSHHS 1ai0Th
3MOTY OTIMCAaTH HE3BOPOTHE 3POCTaHHs 06’€My MTOP ¥ MaTepiasi B IPOIIeci MIacTHIHOTO 1ehop-
MyBaHHSA. SIKIMO MpupicT HaKOMMYEeHOI He3BOPOTHOI gedopmarttii B piBHAHHAX Paiica—Tpeii-
ci—XyaHTa BU3HAYUTH Mi[CYMOBYBAaHHSIM MPUPOCTIB jiehopMaliii MUTTEBOI TIJIACTUIHOCTI Ta
pajianiiiHoi MOB3y4YOCTi, TO OAEPKUMO y3arajibHeHi PIBHSHHS 3pOCTaHHS 00’€MY TIOpP B OIPO-
MiHeHOMY Martepiani. [Ipore 3acTocyBaHHS IMX PIBHSHb /10 aHAJI3Y TTOPUCTOCTI OMPOMIHEHOTO
Marepiasy Moske TIPU3BECTHU 10 HAJIMIPHO KOHCEPBATUBHUX PE3yJIbTAaTiB, TOMY IO BOHW HE JI0-
3BOJISIOTH Q/IEKBATHO BpaxXyBaTH PalialliiHy MOB3YYicTh HA MPYKHIN AiNSHIN iarpamu edop-
MYyBaHHS OIIPOMiHEHOTO MaTepiaJy.

AJprepHaTUBHUM TiJIX1/1 TIOJISITAE Y BUKOPUCTAaHHI po3B’s3ky Kauanosa st cchepuuHOi 110-
POKHUHM, PO3TAIIOBAHOI B 1/1€aTbHOMY TIPY/KHO-TIJIACTUIHOMY TTPOCTOPI [3]. 3acToCyBaHHS 1THO-
IO PO3B’SI3KY JI0 MOJIEJTIOBAHHS 3POCTAaHHS TIOP JI03BOJISIE BPaXyBaTH PaJlialliifHy MOB3y4icTh Ha
NPYSKHIN THIT AiarpaMu iepopMyBaHHS ONPOMIHEHOTO MaTepiaay Ha BiIMIHY BiJl KITAaCUIHUX
piBHsiHb Paiica—Tpeiici—Xyanra, B GKUX NPYsKHA JIJISTHKA HE PO3IJISIJIAETHCS. YpaxXyBaHHS 1[bO-
TO YWHHUKA BIJIMBAE HA PE3YJIBTATH aHAJIi3y TTOBEIIHKN MTOPUCTOTO MaTepiary, OCKiJIbKA 3i 3poc-
TAHHSIM JIO3U OTIPOMiHEHHs BiIOyBAa€ThCS pajiaiiiiie 3MIiIIHEHHSI, 110 TIPU3BOAUTH /10 3HIKEHHS
IUIACTUYHOCTI MaTepiany, i TOMYy B pa3i TPUBAJIOrO ONMPOMIHEHHS POJIb PaJlialliiHOl TTOB3y4OCTi
Ha NPYKHIN AiASHI AiarpaMu ehopMyBaHHS 3pOCTA€E. 3a TAKUX YMOB, OCHOBHOIO CKJIAJIOBOIO
Y /IeBiaTOPHUX KOMITOHEHTaX HE3BOPOTHUX AechopMalliil € pafiatliiiHa TOB3y4icTh OITPOMiHEHOTO
MaTepiaiy, a CyTTEBUHN BKJIAJ MJIACTUIHUX /lepopMaliiii Ma€ JOKAIbHUN XapaKkTep B OKOJI KOH-
1IeHTPATOPiB HAIPY KEHb.

Posr’s30ok Kauanosa jjist chepudnoi moposKHUHM. 3a/1a4y PO BCeOGIYHUI PO3TAT cheprd-
HOI TOPOKHITHM, PO3TANIOBAHOI B HEOOMEKEHOMY TIPOCTOPI po3riisityTo B [3]. Po3B’s130k omepka-
HO JIJIs1 i/lea/ibHO TIPY>KHO-IJIACTUYHOIO MaTepiay 3 ypaxyBaHHIM IEHTPaJbHOI CUMETPii 3a/1aui
y chepuyuHiit cuctemi koopauHat (7, @, 0). 3a TAaKUX YMOB 3CYBU Ta JIOTUYHI HATIPY;KEHHS /TOPiB-
HIOIOTD HYJIIO, IPUYIOMY €, = &g, G, = O

Hagseznemo ocHOBHI cHiBBifiHOIIEHHS 3 PO3B’s13Ky KavanoBa /it chepruiHOl TTOPOKHUHA 32
YMOBH, 1110 TIOBEPXH cepH BijibHA BiJl HAIPYKEHb.
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Y npysxHilt yacTUHI TPOCTOPY HATIPY KEHHS BU3HAYAIOTHCS 32 (DOPMYJIAMU:
7 1 T
S, =pw+(qr—pw)(7T)3; Oy =P =54, - pw)(f)?’: (1)

4y =P _EGT; = aexp(L=- ——)
3 20,
Jie p., — piBHOMIpHMIA BCeGIYHMI PO3TAT Ha HECKIHUEHHOMY BijlJa/leHH] BiJl HOPOKHUHU;, @ — pa-
Aiyc chepnyHOI OPOKHUHY; 7 — PAJLyC TEKy4OCTi; ¢, — pajiajibHe HAlIPY>KeHHS Ha MeKi 30H
IPY’KHOCTI Ta TEKY4OCTi; G — TPAHUIA TEKYYOCTi.
Y 30HI TEKY4YOCTi HAIPYKEHHST MAIOTh BUTJISI]L

o, =207 In’Z; c,=0,tor. (2)
a

BigmiTumo, 1110 3a yMoBU
2
P <pPr = 507 (3

mpocTip mepebyBae B IPYKHOMY CTaHi, y pasi p., = p; MaTepias MepexoanThb y IIACTUIHUIN CTaH
Ha [OBEPXHi c(hepUYHOI MOPOKHUHM 1 32 TOAAJIBIIOrO 30i/IbIIEHHS P, 30HA IIACTHYHUX Ae(op-
Malliii po3IMUPIOETHCS.

[lng BusHaueHHd gedopmariiii Ta mepeMiiieHb BUKOPUCTOBYIOThCA CITIBBiIHOINEHHS [eHKu:
u

y+oms g, =
-

o G = ¥(0,-0,) T (4)
0

Jie u — pajiiajbHe IepeMillleHHs; G,, — cepe/lHE HopMaJibHe HanpyskeHHs; ¥ — ckassipHa yHK-
I1is1, T[0 BU3HAYAETHCSI 3 YMOB OG€3ME€PEPBHOCTI paliaIbHUX TIePeMIllleHb Ta HATIPYKEHb.
3BIIKU BUILINBAE

T \3
__k_ (ﬁ —)( ), (5)
0 o ko
k, — Mozxynb BcebiunOro 06’eMHOro0 posinpeHss; G, — MOJYJIb 3CyBY MaTepiaJy.
OTke, BiTHOCHE 301JbIIEHHS pajiyca chepuaHOl MOPOKHIHN OOUNCTIOITHCS i3 BUKOPHUC-
TaHHAM 1pyroi opmyau (4) Ta criBBigHoenns (5):

Aa_ BN/ A N )
P (ZGO ko)(a))(% Gm)+k0' (6)

AKnio nopokHUHA PO3TAIIOBaHA B IIPYKHIN YACTUHI IIPOCTOPY, TO HANIPY>KEHHSI Ha 11 TOBEPX-
Hi BU3HAYAETHCA 3TiHO 3 (hopmymamu (1):

3 2 1
Gr:()’ G(p:Epoo’ Gm 3 (p =Pe> 0-(p_Gm :Epoo‘ (7)

A4 ISSN 1025-6415. Dopoo. Nac. akad. nauk Ukr. 2022. No 5



3acmocysanns pose’ssky Kauanosa npo pisnosazy cpepuunoi nopodciumu 00 anaiisy spocmanis nop

Ha migcrasi Bupasis (6) ta (7) 3Haxoanmo

Aa _ 1
—t— <pr. 8
" (4(;0 ko)p”’ P <Pr (8)
skmo cdepa moTpaiuisie B 30HY TEKY4OCTi, TO MOBEPXHEBI HAIIPY/KEHHS OOYMCIIOIOTHCS 3
ypaxyBaHHAM 3ajieskHOCTeN (2):
1

6,=0, o,=0r, cngcp G(p—6m=§GT. )

I3 Bukopucranusm crisBigaoniens (6) ta (9) oxep:rkuMo

Aa 2 13
—=7 ( +—)(—)"0r,  p.ZDr (10)
a 3 2G0 ky" a
3Bizicu 3 ypaxyBaHHAM OCcTaHHbOI hopmysn (1), sfika BUSHAYaE pajiiyc TEKY4OCTi 7, MAEMO BUPa3
U151 301IbIIEHHS paziiyca chepruIHOl TOPOKHIUHN 32 YMOBH, 110 chepa po3TaIloBaHa B 30Hi TEKYUOCTI:

o e L (G R 8 (11)
ne e = 2,718... — uncyo Efnepa.

OTske, OCHOBHI CITIBBiIHOIIEHHS 3 po3B’si3ky KauaHoBa, 1110 He0OXi IHi 71t (hOPMYTIOBAHHS
PIBHSIHHST 3pOCTaHHs 06’€MY MOP B’SI3KOTO PYHHYBaHHsI, HABEIEHO.

PiBHSHHS 3pOCTaHHS KOHIIEHTPaIlil mop 3a po3s’sa3koM KavanoBa. /11 hopmymoBanus
PIBHSIHHS 3pOCTaHHST 00’€MY TTOP 3a MOJIEJITIO B'SI3KOTO PYHHYBaHHST HEOOXITHO JIJIsl 3a/[aHUX BH-
XiJJHUX JJaHUX BCTAHOBUTH 3aJI€KHICTD 7151 301/IbIIIEHHS pajiyca chepuaHOl MOPOKHUHN Y IIPYIK-
HO-TIJITACTUYHOMY TPOCTOPI 32 YMOBU HECKIHUEHHO MaJINX MPUPOCTIB HENPY;KHUX JeopMalliii,
110 BKJIIOYAIOTH jiechopMallii MUTTEBOI IJIACTUYHOCTI Ta paJlialliitHOT TOB3yYOCTi.

3 BUKOPUCTAHHAM DPiBHSIHb PalialliiiHOT TTOB3Y4OCTi [4], a TaKOXK HA Mi/ICTaBi CHiBBiHO-
mrenb (8) ta (11), orpuManux 3 po3B’a3ky KauanoBa, MpUXoAMMO 10 HACTYMHUX BUPA3iB I
CKIHUYEHHUX MPUPOCTIB pajiiyca chepruaHoi MOPOKHUHU.

3a ymoBH, 1110 cdepa nepebyBae y nNpysKHiil YaCTUHI IPOCTOPY, MAEMO

Aa 1 1
== +—)p. _<py. 12
PR Py Po <Pr (12)

Axio mopokHMHA po3TAIIOBaHA B 30HI TEKYUYOCTi, IPUPICT pajiyca cepr TaKuii:

Aa 1 1 3p..
—=a (= )e (= )GT’ PeZPr- (13)
a 3e 2Go kg
Y piBusnngx (12) ta (13) BUKOpuCTaHoO MOYJIb 3CYBY OIPOMiHEHOTO MaTepianry G(If, 110 Bpa-
XOBYE BILTUB PA/IiaIliiiHOT TOB3Y4YOCTi 32 eTall HaBaHTaKeHH [4]:
G
GE = 0 (14)
1 +3G, (ByAZ +CyAR)’
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ne AZ >0, AR >0 — npupocT# MONmKO/KYI0U0i 031 Z 1 pajialliiHOro po3nyxaHHsa R 3a ertan
HaBaHTaxkennsd; B, C, — xoncrantu marepiany. Haragaemo, mo G, — Mozy/ib 3CyBy Ha IPyK-
Hill fisstaIi giarpamu geopMyBaHHS OTIPOMIHEHOTO Matepiany 6e3 ypaxyBaHHs pajiamiiHoi
[10B3YYOCTi.

3 piBHsHB (12) Ta (13) BUIJIKUBAIOTH CIIBBIIHOIIEHHS JIJIs1 BU3HAUEHHST HECKIHUEHHO MaJIOTO
HPUPOCTY pajiyca chepudHoi MOPOKHUHY da JUIst BUXIJHUX JaHUX: Ry, p.., Op. YPaxyBaHHs 33/1a-
HUX [0YaTKOBUX JedopMartiil y 1ux (Hopmyiax He BILUTMBAE Ha 0OUKCIEHHS MPUPOCTy da.

Ortke, gxnio cepa po3TalioBaHa y IPYKHIN YaCTUHI TTPOCTOPY, 3HAXOUMO

da 1 1
_ = —d —_— s - < 15
Pl ( GR Wer  Po <Prs (15)
iHaKIIIe BUpas3 /I IPUPOCTY pajiiyca cepr 3a yMOBU TEKYUOCTi MA€ BUTJIS]T
da 1 1 3p
—=—d(—)exp(=—=)o7, wZPr- 16
PR (G{f) p(2GT) Ty PZPr (16)

Bapto 3aznauntu, o audepentiiaau y hopmyaax (15) ta (16) po3ymiioTbest y ceHci HecKiH-
YEeHHO MaJTUX MTPUPOCTIB pajiyca chepuaHoi MOPOKHUHA a 1 BETUYNHM, TIIO 3BOPOTHA JI0 MOJLYJIS
3CyBY G§, 4yepes IPUPOCTH HETIPYKHUX lehopMalliii OIIpOMiHEHOTO MaTepialy.

Jlist obumncenns gudepentiany d (1 / Gg ), IO BXO/IUTD y TIPAaBy YacTuHy piBHsHb (13), (16),
BUKOPHUCTAEMO CITiBBifiHOMEHHS (14), 3BiZIKM BUTLINBAE

1 1

—=—+3(B,AZ +C,AR). 17
GE Gy (B, 0AR) (17)

Ha migcrasi (17) mpuxoanmMo 10 piBHAHHS A1 1udepenITiatiBb:

1 1
d(—R):d(—)+3(BOdZ+COdR). (18)
[Mepmmit noganoxk y nipasiit yacturi (18) Mo’ s13aHmi i3 3MIHOIO MOJTYJISI 3CYBY BHACIIOK TTPU-
POCTIB TIACTUYHUX JedOopMaIliil, TOMY JJIsi HOTO 06YNCIIEHHST BUKOPUCTOBYEMO CITiBBITHOIIIEHHST
JUIST TIOYATKOBOTO Ta CIYHOTO MOJYJISI 3CYBY ijIeaslbHO TIPYKHO-TIIIACTUYHOTO MaTepiay [4]:
1 1 3

1_o1,3,, (19)

Gs GO Or

ne G, — ciunuil MoJyJib 3CyBY, 1110 Bi/lllOBiZia€ Ipupocty mapamerpa Oxksicra:

Ag=[de’; (20)
deP — IHTEHCUBHICTD TIPUPOCTIB AehOPMAIliil MUTTEBOI TJIACTUYHOCTI.
3 ypaxyBaHHsM criBBifiHOMEHD (19) Ta (20) MoxxeMo 3anucaTu

1. 3 —
Ay =2 [ger. 21
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3Bijic 0/1eP;KIMO BUPa3 I/ HECKIHIEeHHO MaJINX MIPUPOCTIB:
1 S
d(—)= 3 e (22)
Gy or

[l BU3HAUYEHHS IPYroro J0JaHKy 3 1paBoi yacTuHu (18) BUKOpHUCTAaEMO PiBHAHHS CTAJIOl
HMIBUJIKOCTI pafiialiitHoi moB3ydocTi [4]:

de dz dR
g~ Bogr o) (23)

ne de — IHTEeHCUBHICTD IPUPOCTIB edopMariiil paaiamiitiHoi moB3yvocTi; G — iIHTEHCUBHICTD Jle-
BiaTOpa HaIpy:KeHb; ¢ — Yac.
3 piBHsAHHSA (23) OTpUMaEMO

BydZ +CydR = (24)

e
G

Oxpim TOTO, i3 CITIBBITHOIIEHD PaiaIlifHOI MTOB3yYOCTi BUIJIIMBAE, 1O iIHTEHCUBHICTD MPH-
pocTiB Henpy:KHUX fAedopmartiit de” o6uncoeTbest 3a hopmyiomo [4]:

de" = de + de° . (25)

Ortxe, Ha migcrasi hopmys (15), (16) ta (22), (24), (25) npuxoanuMo 0 HACTYITHUX BUPa3iB
JUIST BiZTHOCHOTO TIPUPOCTY pajiiyca chepudHOoi TOPOKHWHY 3aJI€KHO BiJl TPUPOCTIB HETIPYKHUX
nedopmartiit, o BKJIIOYAIOTH JeopMallii MUTTEBOI IJIACTUYHOCTI Ta PajlialliitHoOl TOB3YYOCTi.

Axmio chepa posraioBana y NpysKHill 4aCTUHI TTPOCTOPY, MAEMO

da _ 3pm
a

=de°, p.<pr, (26)

32 YMOBU TE€KYYOCTI TIPUPICT pajiiyca cchepu Takuii:

da 1 3p
0o n
—=_exp(; =) de", p.=pr. (27)
2e 20,
3a3HaumMo, 10 JIJIsT aHaAJi3y TOPUCTOCTI MaTepialy BUKOPUCTOBYETHCS MapaMeTp KOHIEH-
tpaitii nop K , sKuii BUSHAYAETHCS, SIK Bi[HOCHA YacTKa 1IOp B oAuHUI 00’eMy Marepiany. [pu-
pict KoHIeHTpallii mop dK o6YncI0eThest 32 GOPMYJIIOLO:
da
dK =3—. (28)
a
OTxe, Ha migcTaBi po3B’sa3ky KauanoBa chopmysiroeMo PiBHSIHHS, 1[0 OIMCYE 3POCTAHHS
00’eMHOI KOHILIEHTpallii 1op y Marepiaji 3 ypaxyBaHHsAM ae(opMaliii MUTTEBOI IJIACTUYHOCTI
Ta pajiaiiiinoi moB3ydocTi. OCKIJIIbKY HAeThCs PO TiJI0 CKIHUEHHUX PO3MipiB, BUKOPHUCTOBYEMO
TaKi TPUITYIIeHHS.
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Braskaemo, 110 mmopa i30sp0BaHa, a ii 00’eM HACTLIBKU MAaJIUI, IO JI03BOJISIE PO3TJISIATH TIOPY,
SIK chepuuHy MOPOKHUHY B HeoOMexkeHOMY mipoctopi. Toai piBHOMIpHUIT BceOGiUHMIA PO3TAT p_, HA
Bi/lIaJIeHHI BiJl IOPOKHEY1 aCOLII0EMO i3 cepe/IHiM HOPMaJIbHUM HalpPyKeHHAM G,, > 0 B Tou1i Tiza.
OxpiM Toro, y piBHsIHHsIX (26) Ta (27), 1110 BUSHAYAIOTh 30iJIbIIEHHST pajiiyca chepruaHOi TTOPOKHU-
HU, BUKOPUCTOBYEMO TTapaMeTP KOPCTKOCTI HAITPYKEHOTO CTaHY ¢, IO OOYHCTIOETHCS 32 (DOPMYJIOI0:

g=—2, O<or. (29)

Otxe, 17151 mapamerpa g >0 BUpa3 /i TPUPOCTY KOHIIEHTPAILil TTOp Y NMPY>KHIii yacTuHi Tija
Ma€ BUTJISL

dK =3xgde’, 0 <g<%. (30)

ne xoedimient k; = 0,75.
Y 30Hi TEKY4OCTI IIPUPICT KOHIIeHTPallil mop dK BU3HAYAETHCS TaK:

dK =3k, exp(k,g)de", g}%, (31)

zie K, Ky — xoedimientu, piui 0,5/e = 0,184 1 1, 5 BixnosizxHo.
3asHaunmo, 1o piBHsaHHs (30) Ta (31) MOKkHA 06’€/IHATH Ta 3AMUCATH Y BUTJISI

dK =3x,®(g)exp(K,9)de", (32)

e koedirienTtn x;, X, i 6e3nepepsua yukiris @ (g) BUBHAYAIOTHCS HACTYITHUM YIHOM: 33 YMO-
BU IIPYKHOTO sehopmyBanHs Mmaemo K; =0,73, k, =0, ®(g) = ¢g; 32 HAIBHOCTI NJIACTUYHUX JIe-
dbopmariit koedilienTn K;, K, HabyBatoTs 3Ha4enb 0,184 i 1,5 Binnosinno, a yukiis ®(g) 1o-
PIBHIOE OJIUHUIII.

Binnosizano 1o BusHaueHHs KoedillieHTIB ¥y, Ky 1 PyHK1il @ (¢) npupict KOHIEHTpallii 0P
dK € 6e3nepepBHOIO (DYHKINEIO CTOCOBHO TTapamMeTpa g, IpUYoMy ii Tepiia IoXijHa TaKoXK 3a/10-
BOJIBHSIE 11ill yMOBI. 3a3HaveHi BJacTUBOCTI (DyHKIIiT 3pocTatHst mop dK BUIINBAIOTH i3 PO3B’SI3KY
Kawanosa 1po gedopmaiiito cepudaHoi TOPOKHUHU, TOMY IO Il pO3B’sI30K 3abe3meuye Oe3-
MTePEPBHICTH PaJliaJIbHUX TTepeMillleHb, fedopMariiii i Halpy:KeHb Ha MeXi PO3iay MPY:KHOI Ta
MJIACTUYHOI YaCTUHU TiJja.

Bigmitumo, 1o piBHSHHSA (32) 0O/iepKaHO [IJid TTOPH, PO3TAIIOBAHOI B 1/1€AJIbHOMY TIPYKHO-
IJIACTUYHOMY TiJIi, OJHAK 11 PiBHAHHS, 5K i piBHAHHA Paiica—Tpeiici—XyaHra, MOKJINBO BUKO-
PUCTOBYBATH TAaKOX [IJIsI aHAJI3Y TPOIIECiB 3pOCTAaHHSA KOHIIEHTpAIlil Top y MaTepiai 3 gedopma-
HIHHUM 3MiITHEHHIM.

BusnavanbHi piBHSIHHS pajianiiiHOl MOB3Y4YOCTi, B SIKMX BPaXOBY€EThCS 3POCTAHHS KOHIE€H-
Tpamii mop. Beajkaemo, 1o HanpykeHO-1e(OPMOBAHUIT CTAH y TOUI Tija y Oy/b-sIKUI MOMEHT
4acy ¢ BUSHAYA€ThCsI CUMETPHYHIMI TEH30PAMH HAPYKeHb 6 (1) = (0 (¢)) i Mamux gedopmartiii
e(t)=(g; (1)), 1<i, j<3, sIKi MOXHA 3aNUCATA Y BULJISI/LL IBOX CKJIA/IOBHIX:

o(t)= og(t)+op(t); e(t)=g5(t)+ep (1), (33)
48 ISSN 1025-6415. Dopov. Nac. akad. nauk Ukr. 2022. Ne 5
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1e Og (1), &g (£) — KyIbOBI TeH30pH; O, (1), € (1) — AeBiaTOPU TEH30PiB HAIPYKeHb 1 gedopma-
I[i¥1 BiZIIIOBI/THO.

3aB/ISIKM IHTETPYBAaHHIO PiBHAHD IJIACTUYHOI Tedii, pajiailiifHol MOB3Y4YOCTi Ta PiBHIHHAM
3POCTaHHS KOHIeHTpaIlil mop (32) 3a eTan HaBaHTAKEHHST BUSHAYAJIbHI PIBHSIHHS MAlOTh HACTYTI-
HUM BUTJTISA [4]:

o(t)=k{ (g5 (1)=& () +2GE (e, () -Ep (1)), (34)

e kY —momynn BeeGiunOro 06’eMHOr0 PO3IMIMPEHHs 3 ypaxyBaHHsM IOMPAaBKH Ha pajiariiime
PO3MyXaHHS | HAKOTIMYEeHY He3BOPOTHY /lepopMaliito orpoMineHoTo MaTepiany; G f — ciyHui MO-
JIYJIb 3CYBY, 1110 BPaXOBY€ BIUIMB paialliiiHol IOB3y4YOCTi 3a eTan HaBaHTaxkeHHs; § () — TeH30p
ITOYaTKOBUX AedopMalriii,

E(t)=¢€5 (t)+en(t)+eh () +es (t’)+%K(t)s ¥ (35)

£§ (¢) — repmiuna nedopmartis; a? (t) — cTpykTypHa nedopmailid, sika BPaXOBY€E BIJIUB iHTEHCUB-
HOCTI HaTpysKeHb 6 (¢ ) Ha posyxanus R (¢); €7 (t), €5 (t") — nnactuuna gedopmaris i gepopma-
py p y »“D » ©D i p 1T n p

1is pajialiiiHol II0B3y40CTi HAIPUKIHII ITOTepeHboro etaity HaanTaxenus; K (1) =K (¢")+AK —
KOHIIEHTPALLis [T0P [IJI HOTOYHOTO eTally HaBaHTaKEeHHS; 8§ — OJAMHUYHUI KyJIbOBUI TEH30DP.

V pisusiaasgx (34) ta (35) BpaxoBaHO, 1[0 3POCTaHHS MOP MPU3BOANUTD [0 3MiHU 00’eMy, i
TOMY HE3BOPOTHI CTPYKTYPHI Aedbopmaliii, 1o omrcyoTh KOHIIEHTPAIliio TIop y MaTepiaJi, BBaska-
I0ThCSI KOMITOHEHTAaMU KyJIbOBOTO TeH30pa. DopMyJioBaHHS BUBHAYAIbHUX PiBHSIHD PaIialliitHO1
MTOB3YYOCTI Ta MO3HAYEHHS JICTATbHO HaBeleHi y [4].

PesymnsraTu 1ocipkeHb yMOB KOPEKTHOCTI BU3HAYAIbHUX PIBHAHD palialliifHol II0B3y40C-
Ti, B IKMX BPaXOBYEThCS 3pOCTaHHs 00’€MHOI KOHI[eHTpallii mop 3a piBHsAHHAM (34), Oyze HaBee-
HO Yy HACTYIIHIN 1y 6JriKarii.
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USE OF THE KACHANOV SOLUTION OF SPHERICAL CAVITY EQUILIBRIUM FOR THE
ANALYSIS OF DUCTILE FRACTURE PORE GROWTH UNDER IRRADIATION CREEP

The Kachanov solution of the spherical cavity equilibrium is considered in the elastoplastic body to modeling the
ductile fracture pore concentration growth in the material subjected to neutron irradiation. The use of the Kacha-
nov solution for the spherical cavity within the ideal elastoplastic body allows one to consider the irradiation
creep on the elastic section of the stress-strain diagram of the irradiated material as compared with the Rice-
Tracey-Huang equations where the elastic section is neglected. The consideration of this factor affects the results
of the analysis of the porous material behavior. With the increase of the irradiation dose, there is an irradiation
strengthening, which leads to the reduction of the material plasticity. Therefore, under long-term irradiation, the
role of irradiation creep increases within the elastic section of the stress-strain diagram. Based on the relations
from the Kachanov solution, the equation has been obtained to describe the increase of the volume pore concen-
tration in the material depending on the strain increments of instantaneous plasticity and radiation creep. The
determining equations of irradiation creep have been formulated to analyze the behavior of the irradiated porous
material. In these equations, the nonreversible strains involve the strains of instantaneous plasticity, irradiation
swelling, irradiation creep, and structural volume strains considering the ductile fracture pore concentration.
The modern models of irradiation swelling and creep are used. They consider the damage dose, irradiation tem-
perature, and influence of the stress state, as well as the accumulated irreversible strain, on the processes of swell-
ing and creep of the material.

Keywords: irradiation swelling, irradiation creep, pore growth, Rice-Tracey-Huang’s equations, Kachanov’s solution
Jfor spherical cavity.
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